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1. Osoita, että kaikille a, b, c ∈ Z pätee

a) a +Z b = b+Z a,

b) (a+Z b) +Z c = a +Z (b+Z c).

2. Osoita, että kaikille a, b, c ∈ Z pätee

a) a ·Z b = b ·Z a,

b) (a ·Z b) ·Z c = a ·Z (b ·Z c),

c) a ·Z (b+Z c) = (a ·Z b) +Z (a ·Z c).

3. Anna kaava kokonaislukujen vähennyslaskulle:

[〈m,n〉]− [〈p, q〉] = ?

Tarkista, että vähennyslaskuoperaatio on hyvin määritelty.

4. Osoita, että a ·Z 0Z = 0Z kaikilla a ∈ Z.

5. Osoita, että kaikille a, b ∈ Z pätee

a ·Z (−b) = (−a) ·Z b = −(a ·Z b).

6. Osoita, että kaikille a, b, c ∈ Z pätee

a) a ·Z (b−Z c) = (a ·Z b)−Z (a ·Z c),

b) a2 −Z b2 = (a+Z b) ·Z (a−Z b).
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