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“We have a problem...”

(1982)

Burkholder’s 
martingale theory
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yes-or-no

Morrey’s problem (1952)
on convexity notions

rank-one quasiconvex�

Iwaniec conjecture (1982)
on Beurling transform
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Burkholder
Martingale inequality

subordinated martingales
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Rank-one convexity vs quasiconvexity 
Morrey
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L"-isometry

Beurling transform

Conjecture (Iwaniec):

martingale techniques:
Bañuelos et al.,   Volberg-Nazarov,...
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“Win-win” problem:

quasiconcave at  A=Id!"

Iwaniec Morrey
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Main result

distortion and exponent
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cf. Astala’s higher integrability
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INTERPOLATE
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Ahlfors-Bers
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Interpolation lemma
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non-vanishing 漸゜(}) �= 3

analytic family,
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Hadamard Harnack

change p freeze p

subharmonic harmonic

duality log-convexity
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Proof of the lemma

Harnack

harmonicnon-vanishing
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Corollaries

Müller:   LlogL integrability under J(z,f)"0

sharp integrability estimates
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Exp integrability:
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Many extremals

!

expanding

linear on rank-one connections!"

Baernstein-Montgomery-Smith
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convexity

log-convexity
of p-norms

Riesz-Thorin interpolation lemma

subharmonicity

Hilbert transform

rank-one convexity quasiconvexity

Beurling transform

martingales


