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Scattering of light by a large, densely packed
agglomerate of small silica spheres
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We model the measured phase function and degree of lin-
ear polarization of a macroscopic agglomerate made of
micrometer-scale silica spheres using the methodology of
multiple scattering. In the laboratory work, the agglomerate
is produced ballistically, characterized by scanning electron
microscopy, and measured with the PROGRA2 instrument
to obtain the light scattering properties. The model phase
function and degree of polarization are in satisfactory agree-
ment with the experimental data. To our best knowledge,
this is the first time the degree of linear polarization has
been modeled well for a large, densely packed agglomerate
composed of small particles with known sizes and shapes.
The study emphasizes the relevance of the degree of linear
polarization and gives insights into the effects of particle
aggregation on the scattering characteristics. ©2020Optical
Society of America

https://doi.org/10.1364/OL.382240

Scattering and absorption of light by a particulate medium pro-
vide information about the physical properties of the medium
and its particles. Computing scattering by a medium with
millions of particles is a challenging problem due to the compu-
tational complexity. Numerical methods that solve Maxwell’s
equations exactly in the asymptotic sense, e.g., the fast superpo-
sition T-matrix method (FaSTMM, [1]), are limited to media
typically smaller than some tens of wavelengths. Thus, approx-
imations have been formulated to simulate scattering by dense
particulate media such as snow [dense media radiative transfer
(DMRT)] [2] and planetary regoliths [3,4]. One of the most
recent approximations is radiative transfer with reciprocal trans-
actions (R2T2). It has been shown to extend the applicability of
radiative transfer to the dense medium [5–7] by comparing the
R2T2 computations to the computations with the FaSTMM
and radiative transfer with coherent backscattering methods

(RT-CB). In comparison, the FaSTMM required around
600 days in serial CPU time to compute ensemble-averaged
light scattering characteristics from a dense random medium
made of around 31,000 particles, whereas the entire R2T2

procedure took only seven days [5].
The R2T2 has been used to model the nucleus and dust par-

ticles in the coma of Comet 67 P/Churyumov–Gerasimenko
[8,9], as well as a levitating analog sample [10]. Here, we use the
R2T2 to reproduce computationally the light scattering from a
centimeter-sized silica sample, measured with the PROGRA2

instrument [11–13]. The sample had controlled physical
parameters, such as the particle size distribution, shape, and
total volume fraction of v = 0.15 [14]. From scanning electron
microscope (SEM) images (Fig. 1), the particles were verified
to be mostly spherical, and their radii were found to follow a
Gaussian size distribution N (0.725 [µm], 0.03 [µm]) [11].
In addition, the light scattering characteristics of the pow-
der that was used to prepare the agglomerate were measured
for levitating particles with the PROGRA2 instrument. The
refractive index of the material was then derived by fitting
Lorenz–Mie light scattering characteristics to the measured
characteristics [11]. In order to computationally model the
light scattering characteristics of the sample, we start by exam-
ining the determination of the refractive index from the same
measurements.

First, volume elements of radius R = 1.0 µm are generated
using spherical particles so that the centers of the spheres are
within the volume elements. The volume elements are culled
from large periodic boxes packed to the volume fraction of 55%
with the spheres whose size distribution obeys N (0.725 [µm],
0.03 [µm]). The small volume elements mimic small clusters
of levitating particles because some of the particles are clus-
tered or even sintered together (see Fig. 2 in Ref. [11]). The
ensemble-averaged light scattering characteristics of the volume
elements are then solved by using the FaSTMM by varying the
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Fig. 1. Scanning electron microscope image of the SiO2 agglomer-
ate sample. More images, including those of the entire cm-scale sample,
are available in Refs. [11,12,14].

complex refractive index. The results and the measurements
are compared in Fig. 2, which shows the phase function (scat-
tering matrix element S11 [15]) normalized at a 90◦ scattering
angle (spherical polar angle measured from the forward direc-
tion) and the degree of linear polarization (scattering matrix
element ratio−S12/S11 [15]). The determination of the refrac-
tive index is difficult because most of the features are hard to
match, especially with the phase functions. By comparing the
degree of linear polarization near the forward and backward
scattering directions, the simulated values are seen to be closer
to the measured values near the forward direction. The most
notable feature is the missing positive polarization near 150◦.
The refractive index m = 1.48+ i10−5 is chosen because it
produces a match with the distinctive feature found near 20◦ in
the measurements of the polarization. In Ref. [11], the refrac-
tive index was determined to be m = 1.48+ i10−4 for the
wavelength of λ= 632.8 nm with Lorenz–Mie theory, and the
results are similar to those in Fig. 2 (see Fig. 10 in Ref. [11]). In
comparison, the manufacturer of the silica spheres reported the
refractive index of m = 1.5. In different measurements made
for larger spheres of the same material, the refractive index of
1.30+ i0.08 was determined for the material, attributed to the
porosities reported by the manufacturer [12]. Figure 2 and the
work in Ref. [11] are also consistent with the work in Ref. [16],
in which agglomerates of different sizes, consisting of the silica
spheres with m = 1.48 and radius r = 750 nm, were measured
and simulated withλ= 680 nm. In Ref. [16], they also reported
the missing positive polarization near 150◦ in their simulations,
although the measurements showed a strong positive polariza-
tion signature there. They attributed the difference to particle
inhomogeneities [17].

The agglomerate can now be modeled with the R2T2. The
R2T2 is a radiative transfer method that is extended to work
with dense random particulate media by incorporating so-called
incoherent scattering in the frequency domain [18–22]. The
incoherent electric field Esca,ic can be extracted by subtracting
the ensemble-averaged total scattered field or coherent field
Esca,c from the scattered field Esca. In the R2T2, the single parti-
cles are replaced with the incoherent volume elements [7]. The
volume elements are generated in the same way as mentioned
above, but in order to utilize larger numbers of particles, the size
of the volume element is chosen to be R = 3 µm. Two different
volume fractions are treated here, i.e., v = 0.15 and v = 0.55.
The scattered incoherent electric fields of the volume elements

Fig. 2. Comparison of normalized phase function (at 90◦) and the
degree of linear polarization for levitating particles (measurements,
bullets) and small clusters of spherical particles with varying refractive
indices (computations, solid lines). Empirical phase function and
degree of polarization are also depicted (dashed line).

are then solved using semi-analytical methods such as the
FaSTMM, which can be used to generate the input (extinction
mean free path length, albedo, effective refractive indices, and
incoherent scattering matrix) required for the R2T2.

Here, we follow the procedure from [8] in which the R2T2

is approximated with the ray tracer SIRIS [7,23,24] which
has geometric optics capabilities. SIRIS can be used to model
differently shaped diffusely scattering media, but does not
have the coherent backscattering capability. In order to create
a planar agglomerate for the simulation, the diffuse geometries
in SIRIS are approximated by large sphere-like meshes (mean
radius R ≈ 2 mm) that are illuminated by a narrow beam
(Rbeam = 0.2 mm) constrained into the center of the medium.
Thereby, the global scale structure of the mesh will not affect
the simulation, but still, the simulation continues to take into
account the local scale surface structures. The final output is
smoothened by ensemble averaging using the simulation data
from multiple runs of SIRIS that had different geometries as
input. Three completely different geometries are used: a sphere,
a Gaussian random sphere (GRS) [25], and a sphere with the
inner structure of the Gaussian random field (GRFS, Fig. 3).
The GRFS is obtained by carving a spherical volume from a
sample of Gaussian field [26] and converting the field data to
a triangulated mesh with the marching cubes algorithm [27].
The inner parts of the GRFS (Rinner = 1 mm) are converted
to a solid sphere in favor of reducing the triangle count and
speeding up the computation. The Gaussian random field
has been applied to light scattering problems before, e.g., in
Refs. [28,29]. The longest task would take around 3.5+ 27
days (4 million rays) to create input and finish the ray tracing
with a single core. The computations and measurements are
shown in Fig. 4, which contains the phase function (normalized
in terms of integrated area) and the degree of linear polarization



Letter Vol. 45, No. 7 / 1 April 2020 /Optics Letters 1681

Fig. 3. Samples of Gaussian random field (left) and Gaussian ran-
dom sphere geometries (right). Their surface elements are invoked as
models for the measurement sample in Fig. 4.

Fig. 4. Measured and modeled light scattering characteristics of the
agglomerate. The refractive index is m = 1.48+ i10−5, while the vol-
ume fraction and the shape of the media are varied. The measurements
include the error bars.

as a function of the scattering angle. Due to the fact that the mea-
sured data range from 100◦ to 175◦, thus not reaching the angles
near backscattering, the coherent backscattering modeling is
omitted.

By looking at only the overall phase function in Fig. 4, we
could argue that the v = 0.15 volume element produces a

good match with the measurement. The phase function has a
distinctive bump at 155◦, which in the measurement is near
160◦. The level of backscattering is slightly lower than that in
the measurements, but this can be mitigated with the increase
in the shadowing effect [4]. It is the degree of linear polarization
that reveals a difference between the simulation and the mea-
surement. The polarization shows the same 5◦ shift as the phase
function (Fig. 2 shows the same shift), and there is a uniform
difference of around 2%–4%. The match in the degree of linear
polarization is improved by using the v = 0.55 volume element,
and the difference is only 1%–3%. However, the 5◦ shift to
the left is still present. For the v = 0.55 volume element, the
phase function is also flatter than that for the v = 0.15 volume
element. This is seen in the loss of the distinctive bump near
θ ≈ 160◦, which is more prominent with the GRFS samples.
In general, similar results are obtained with the GRS and GRFS
models, which shows that small changes in the geometry do not
impact the results substantially. Thus, the focus can be on the
properties of the particles. For changes due to the overall shape
of the finite medium, compare “Sphere, v = 0.15” with “GRS,
v = 0.15” in Fig. 4.

The use of the v = 0.55 volume element improves the
modeling. The dense volume element does not contradict the
measured volume fraction of v = 0.15 because the SEM image
(see Fig. 1 or Fig. 4 in Ref. [11]) shows that the spheres have
formed threads of clumps that are closely connected probably
by sintering, forming high-density localities separated by empty
spaces. Moreover, the particles in the v = 0.15 volume ele-
ments were uniformly placed, whereas Fig. 1 shows aggregated
structures. Modeling the aggregated structures can introduce
the bump near θ ≈ 160◦ due to the introduction of the sparse
regions to the dense volume element, but can lower the neg-
ative polarization at θ ≈ 165◦. The dense volume element is
still insufficient, as seen in Fig. 2 where prominent positive
polarization is again missing.

It is interesting to notice that most of the features seen in
the scattering characteristics of the agglomerate are also visible
for the levitating sample (cf. measurements in Figs. 2 and 4).
The same can be concluded in the case of the computations:
the features are aligned. This means that the features are con-
sistent between the measurements and the computation, and
by achieving a better match with the scattering characteristics
of the levitating sample, the results for the agglomerate should
improve. In order to test this, we generated an empirical volume
element using the measured scattering matrix elements of the
levitating sample Ml

11 and−Ml
12/Ml

11 and using the computed
matrix elements for the v = 0.55 volume element Sv11 and
−Sv12/Sv11. First, the empirical volume element phase function
Sve

11 is obtained by scaling Ml
11 with the coefficient Sv11/S s

11,
where S s

11 refers to the average phase function of simulated
levitating particles: Sve

11 ∝Ml
11Sv11/S s

11. Then, a scaling factor
β ≈ 0.32 for −Ml

12/Ml
11 is found by minimizing the root-

mean-square difference between −βS s
12/S s

11 and −Sv12/Sv11.
The resulting degree of linear polarization for the empirical
volume element is then −Sve

12/Sve
11 =−βMl

12/Ml
11. The other

matrix elements are assumed to be zero except for Sve
21 = Sve

12 ,

Sve
22 = Sve

11 , and Sve
33 = Sve

44 =±Sve
11

√
1− [Sve

12/Sve
11 ]

2 (positive
sign for scattering angles < 90◦). The empirical scattering
matrix is then used as input for R2T2, by keeping the rest of the
volume element parameters unchanged. The results in Fig. 5
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Fig. 5. Measured and modeled light scattering characteristics of the
agglomerate with different volume elements. The result with the simu-
lated volume element is the “v = 0.55, GRS” case in Fig. 4.

show that the empirical volume element removes the differences
due to the original simulation, such as the 5◦ shift and the
missing positive polarization. The results indicate that once
correct modeling is obtained for the levitating sample (Fig. 2),
the agglomerate scattering characteristics will also be modeled
correctly.

Even though there are differences between the measurements
and the computational results, the examination of the input and
the results shows that the modeling and the measurements are
consistent. By improving the characterization of the levitating
particles, a better match would be obtained with the R2T2

for the agglomerate. In a future study, improved modeling for
the levitating particles could involve sintered particles, small
aggregates, or particles with other kinds of deformations, and
a distribution of the refractive indices. Simulating the entire
volume element for the R2T2 with irregular particles is com-
putationally challenging but not impossible, especially when
modeling the scattering by the levitating particles at the same
time. The present results are promising. With the empirical
volume element (Fig. 5), the normalized root-mean-square error
in modeling the agglomerate phase function is less than 7%,
and the degree of linear polarization is within 1.5% of the mea-
surements. With the simulated volume element, the respective
numbers are 2.5% and 3%. The study stresses the importance
of sample characterization in light scattering measurements.
Finally, the study emphasizes the importance of polarization:
the physical characteristics are hard to retrieve from the phase
function only.

Funding. Academy of Finland (1325805); Deutsches
Zentrum für Luft- und Raumfahrt (50WM1236, 50WM1536,
50WM1846); Centre National d’Etudes Spatiales; European
Research Council (757390).

Acknowledgment. Computational resources were pro-
vided by CSC–IT Centre for Science Ltd., Finland, and Finnish
Grid and Cloud Infrastructure (urn:nbn:fi:research-infras-
2016072533).

Disclosures. The authors declare no conflicts of interest.

REFERENCES
1. J. Markkanen and A. J. Yuffa, J. Quant. Spectrosc. Radiat. Transfer

189, 181 (2017).
2. L. Tsang, C.-T. Chen, A. T. C. Chang, J. Guo, and K.-H. Ding, Radio

Sci. 35, 731 (2000).
3. B. Hapke, J. Geophys. Res. 86, 3039 (1981).
4. K. Lumme, J. I. Peltoniemi, andW.M. Irvine, Transport Theory Statist.

Phys. 19, 317 (1990).
5. K. Muinonen, J. Markkanen, T. Väisänen, J. Peltoniemi, and A.

Penttilä, Opt. Lett. 43, 683 (2018).
6. J. Markkanen, T. Väisänen, A. Penttilä, and K. Muinonen, Opt. Lett.

43, 2925 (2018).
7. T. Väisänen, J. Markkanen, A. Penttilä, and K. Muinonen, PLoS ONE

14, e0210155 (2019).
8. J. Markkanen, J. Agarwal, T. Väisänen, A. Penttilä, and K. Muinonen,

Astrophys. J. Lett. 868, L16 (2018).
9. J. Markkanen and J. Agarwal, Astron. Astrophys. 631, A164 (2019).

10. K. Muinonen, T. Väisänen, J. Martikainen, J. Markkanen, A. Penttilä,
M. Gritsevich, J. Peltoniemi, J. Blum, J. Herranen, G. Videen, G.
Maconi, P. Helander, A. Salmi, I. Kassamakov, and E. Haeggström, J.
Vis. Exp. 149, e59607 (2019).

11. E. Hadamcik, J.-B. Renard, J. Lasue, A. C. Levasseur-Regourd, J.
Blum, and R. Schraepler, J. Quant. Spectrosc. Radiat. Transfer 106,
74 (2007).

12. E. Hadamcik, J.-B. Renard, A. C. Levasseur-Regourd, J. Lasue, G.
Alcouffe, and M. Francis, J. Quant. Spectrosc. Radiat. Transfer 110,
1755 (2009).

13. A. C. Levasseur-Regourd, J.-B. Renard, Y. Shkuratov, and
E. Hadamcik, in Polarimetry of Stars and Planetary Systems,
L. Kolokolova, J. Hough, and A. C. Levasseur-Regourd, eds.
(Cambridge University, 2015), pp. 62–80.

14. J. Blum and R. Schräpler, Phys. Rev. Lett. 93, 115503 (2004).
15. C. F. Bohren and D. R. Huffman,Absorption and Scattering of Light by

Small Particles (Wiley, 1983).
16. G. Wurm, H. Relke, J. Dorschner, and O. Krauß, J. Quant. Spectrosc.

Radiat. Transfer 89, 371 (2004).
17. G.Wurm, H. Relke, and J. Dorschner, Astrophys. J. 595, 891 (2003).
18. A. Ishimaru,Wave Propagation and Scattering in Random Media, An

IEEEOUPClassic Reissue (Wiley, 1999).
19. L. Tsang, J. Kong, and R. Shin, Theory of Microwave Remote

Sensing, Wiley Series in Remote Sensing and Image Processing
(Wiley, 1985).

20. L. Tsang, C. E. Mandt, and K. H. Ding, Opt. Lett. 17, 314 (1992).
21. L. M. Zurk, L. Tsang, and D. P. Winebrenner, Radio Sci. 31, 803

(1996).
22. M. I. Mishchenko, L. D. Travis, and A. A. Lacis,Multiple Scattering of

Light by Particles: Radiative Transfer and Coherent Backscattering
(Cambridge University, 2006).

23. K. Muinonen, T. Nousiainen, H. Lindqvist, O. Muñoz, and G. Videen,
J. Quant. Spectrosc. Radiat. Transfer 110, 1628 (2009).

24. H. Lindqvist, J. Martikainen, J. Räbinä, A. Penttilä, and K. Muinonen,
J. Quant. Spectrosc. Radiat. Transfer 217, 329 (2018).

25. K. Muinonen, T. Nousiainen, P. Fast, K. Lumme, and J. Peltoniemi,
J. Quant. Spectrosc. Radiat. Transfer 55, 577 (1996).

26. S. Müller and L. Schüler, Geostat-Framework/gstools: Bouncy Blue
(2019).

27. W. E. Lorensen and H. E. Cline, SIGGRAPH Comput. Graph. 21, 163
(1987).

28. J. I. Peltoniemi, J. Quant. Spectrosc. Radiat. Transfer 50, 655 (1993).
29. Y. Grynko and Y. Shkuratov, J. Quant. Spectrosc. Radiat. Transfer 78,

319 (2003).

https://doi.org/10.1016/j.jqsrt.2016.11.004
https://doi.org/10.1029/1999RS002270
https://doi.org/10.1029/1999RS002270
https://doi.org/10.1029/JB086iB04p03039
https://doi.org/10.1080/00411459008203894
https://doi.org/10.1080/00411459008203894
https://doi.org/10.1364/OL.43.000683
https://doi.org/10.1364/OL.43.002925
https://doi.org/10.1371/journal.pone.0210155
https://doi.org/10.3847/2041-8213/aaee10
https://doi.org/10.1051/0004-6361/201936235
https://doi.org/10.3791/59607
https://doi.org/10.3791/59607
https://doi.org/10.1016/j.jqsrt.2007.01.008
https://doi.org/10.1016/j.jqsrt.2009.03.005
https://doi.org/10.1103/PhysRevLett.93.115503
https://doi.org/10.1016/j.jqsrt.2004.05.036
https://doi.org/10.1016/j.jqsrt.2004.05.036
https://doi.org/10.1086/377437
https://doi.org/10.1364/OL.17.000314
https://doi.org/10.1029/96RS00939
https://doi.org/10.1016/j.jqsrt.2009.03.012
https://doi.org/10.1016/j.jqsrt.2018.06.005
https://doi.org/10.1016/0022-4073(96)00003-9
https://doi.org/10.1145/37402.37422
https://doi.org/10.1016/0022-4073(93)90033-E
https://doi.org/10.1016/S0022-4073(02)00223-6

