
Disjunction and Existence Properties in Inquisitive Logic

The system InqBQ ([1]) generalizes FOL (first order classical logic) with formulas expressing
questions and dependencies. The semantics is based on teams in a similar fashion to Dependence
Logic, Team Logic ([2]) and Multiverse Set Theory ([3]). An InqBQ model is a collection of
FOL structures and the InqBQ syntax is that of FOL enhanced by new logical operators (an
“inquisitive disjunction”

>

and “inquisitive existential quantifier” ∃) to describe properties
shared by these structures.

The result here presented is a strong form of the disjunction and existence properties which
are characteristic of intuitionistic logic:

Theorem. Let Γ be a FOL theory. Then:

• Disjunction Property: If Γ � φ

>

ψ, then Γ � φ or Γ � ψ.

• Existence Property: If Γ � ∃x.φ(x), then Γ � φ(t) for some term t.

Intuitively, this amounts to saying that if a set of statements logically resolves a disjunctive
question, they must logically entail a specific disjunct. Similarly, if a set of statements logically
resolve an existential question ∃x.φ(x), they must entail that φ(t) holds for a specific term t.

While the intuition is quite natural (the result was already conjectured in [1]), the proof
requires to introduce some model-theoretic constructions of interests, which proved to be rel-
evant tools to exploit properties of this framework. In this talk I will sketch the proof of
the result, highlithing the connections between these model-theoretic constructions and the
particular structure of InqBQ models.
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